Capitolul 5. Integrala Riemann.

1. Sa se calculeze:

1.1.

1.3.

1.5.

1.7.

1.9.

1.11.

1.13.

1.15.

1.17.

—_

1.2.

1.4.

1.6.

1.8.

1.10.

1.12.

1.14.

1.16.

1.18.




™ ™

1.19. /sian dzx. 1.20. /Cos2x dz.

—T —T

1.21. / dv_ 1.22.
rzlnz

tg® x dx.
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INH

2. Si se calculeze ariile plane limitate de curbele:
2.1.  f(z)=3r—2% g(z)=0.
22, f(z)=4r—2% g(z)=0.
23. fx)=2"+1, g(z)=2
2.4.  f(x)=2% g(x)=4.
2.5.  flv) =2 g(x)=x+2.
26. f(x)=2"—z, g(z)=3z
2.7. f(x)=20—2% g(x)=u2.
28. f(r)=(r—1+2, g(x)=3z—1.
29. f(z)=2% g(x)=2r—2"
2.10. f(z) =2 g(x) =3z +4.
2.11. f(z) =2 g(z) ==

2.12. f(z) =

2.13. f(z) =2 g(x) = Vx.
2.14. f(z)=2% g(z)=2V2z.



2.15.

2.16.

2.17.

2.18.

2.19.

2.20.

2.21.

2.22.

2.23.

2.24.

2.25.

2.26.

2.27.

2.28.

2.29.

2.30.

f@)= V3, o(e)=E w4
flz)=¢€" g(x)=¢e", x € [0,1]
f(x)=Inz, g(z)=1Inz
f)=gl—2], ) =7 lal
f@) =0, glo)=—z+2 hz)=VE
f@) ==, g = w=2

g(x) = zsinzx,

z € [0,

T
f(z) =sin2z, g(x)=sinz, =z¢€ [—,77].

3
2

f(x) =tgz, g(x):§cosx, r=0.
f(z) = arcsinz, g(z) = arccosz, h(z)=0.
flx)=2""24+1, g(x)=2""+1, h(zx)=

6

1
flx)=|lgz|, g(z) =0, T= 15 x = 10.
f@) =l +al, g@)=—ze®, z=1



3. Sa se calculeze ariile plane limitate de curbele:

3.1

3.2.

3.3.

3.4.

3.5.

3.6.

3.7.

3.8.

3.9.

3.10.

3.11.

3.12.

3.13.

3.14.

3.15.

3.16.

3.17.

3.18.

p* = a® cos 2.

xr =acost, y=bsint.
p = 4sin® .

r=acos’t, y=asin’t.

p=a(l+cosy).

c? c?
r=—cos’t, y=—sin’t, =a*>—-0".
a b
p=2-+cosep.
1—¢2 2at

ey Ve

p = asin2p.

r=t—t, y=t>-1.
p=acosp, p=a(cosy+sinep).
r=1"-1, y=¢ -1t
p=2—cosp, p=cCosep.

t—1t3 4t?
gj:—’ _ .
1+32 YT 153

p=2v3cosp, p=2sing.
r =sin2t, y =sint.
p= 1+\/§COS¢.

r=1+t—t, y=1-—15



3.19. p=3sinp, p=>5sinep.

3.20. x=1+2cost, y=tgt+ 2sint.

4. Sa se calculeze lungimile arcelor:

4.1, f(x):(le) —ln(x; D scpi

42. f(x)=—Incosz, =z€ [O, %}

43. f(x)=Inz, =z¢€ [\/5, \/g}

44. flr)=In(2*-1), =zcl2,3].

45 f(r)=V2r—22—1, z¢ F 1}.

1

46. flr)=2% 2¢€]0,1].

47 f@) =4V -1, x€]1,2].

48. f(r)=2"—Invz, z¢c][l,2].

49.  f(x)=zvz, z€]0,9].

4.10. f(x) =Insinz, =z € {z, Q—W}
373

411. x=acos’t, y=asin’t, tecl0,2n].

4.12. p=2sinep.

413, =321, y=4t*, x>0

4.14. p = cos’ —.



4.15. x =cos*t, y=sin't, te [0, g}
4.16. p=a(l —cosp).

3 .3 T
4.17. x ==6cos’t, y=~06sin"t, te€ [0, 5}
4.18. p =sin 3.

419. z=2(t—sint), y=2(1—cost), te[o,g]

1
4.20. p= B + sin .

421. x=¢e'(cost +sint), y=ce'(cost—sint), te€ [%,ﬂ
4.22. p=cosp —sine.
4.23. x =2(cost+tsint), y=2(sint—tcost), tel0,n].

4.24. p = 2sindp.

5. Sa se calculeze volumul corpului obtinut prin rotatia in jurul
axei OX a suprafetei marginite de curbele:

51. f(z)= -2 +T7v—12, g(z)=0.
5.2. f(z) = %, g(x)=0, z=1, z=4

53. f(z)=204+V2z, gx)=0, z=2 z=

54. f(z) =2z —2* g(r)=2—u.



2.5.

0.6.

D.7.

5.8.

2.9.

5.10.

5.11.

5.12.

5.13.

5.14.

5.15.

5.16.

5.17.

5.18.

5.19.

5.20.

f(z) = arcsinz, x=0, z=1.

f(z) =sin2z, g(z)=0, =z=0,

f(x) =3z —2% g(z)=0.

r=acos’t, y=asin’t.



